For a measure μ on the complex plane μ-regular points play an important role in various polynomial inequalities. In the present work it is shown that every point in the set {μ > 0} (actually of a larger set where μ is strong) with the exception of a set of zero logarithmic capacity is a μ-regular point. Here "set of zero logarithmic capacity" cannot be replaced by "β-logarithmic Hausdorff measure 0" with β = 1 (it can be replaced by "β-logarithmic measure 0" with any β > 1). On the other hand, for arbitrary μ the set of μ-regular points can be quite small, but never empty.
Abstract. For a measure μ on the complex plane μ-regular points play an important role in various polynomial inequalities. In the present work it is shown that every point in the set {μ > 0} (actually of a larger set where μ is strong) with the exception of a set of zero logarithmic capacity is a μ-regular point. Here "set of zero logarithmic capacity" cannot be replaced by "β-logarithmic Hausdorff measure 0" with β = 1 (it can be replaced by "β-logarithmic measure 0" with any β > 1). On the other hand, for arbitrary μ the set of μ-regular points can be quite small, but never empty.
Let ν be a Borel-measure with compact support S(ν) on the complex plane. The class Reg of measures plays an important role in the theory of orthogonal polynomials since it provides a weak global condition which appears in many results. Let us recall its definition from [5]: if p n (z) = γ n z n + · · · denotes the n-th orthonormal polynomial with respect to ν with the normalization γ n > 0, then it is always true that
where cap S(ν) denotes the logarithmic capacity of the set S(ν) (see [3] , [4] or [6] for the concepts of logarithmic potential theory used in this work). Now ν is said to be in the Reg class if cap S(ν) > 0, and
In some way, measures in this class behave "normally" from the point of view of orthogonal polynomials. ν ∈ Reg is a fairly weak global condition, see [5] for different equivalent conditions and several regularity criteria. One characterization of regularity is via the set of ν-regular/irregular points. We say that z ∈ S(ν) is a ν-regular point if (1) lim sup n→∞ P n (z) P n L 2 (ν) (iii) and (v) in that theorem) claims that ν ∈ Reg if and only if I(ν) is of zero logarithmic capacity. In other words, ν ∈ Reg means that with the exception of a set of zero capacity, on S(ν) polynomials cannot be exponentially large compared to their L 2 (ν)norm.
In the paper [2] the authors considered general measures ν on the real line and showed that the set of ν-irregular points cannot be large on the set ν > 0 in the sense of β-logarithmic measure. Their setup was the following. Let h : [0, ∞) → [0, ∞] be an increasing continuous function with h(0) = 0. Given E ⊂ C the Hausdorff outer measure of E with respect to h is
where the infimum is taken for all covers of E by balls Δ rj of radius r j . For 
